FINY

2024 | AnpiAlog | ®ddon 3 | Alaywviopata EmavaAnyng

MAOGHMATIKA

" F'evikou Aukeiou
Oetikwyv Zmoudwyv / Zmoudwv Oikovopiag & MAnpo@opikAg

2aBBato 27 AmpiAiou 2024 | Adpkela EEEtaong: 3 wpeg

OEMATA

OEMA A

Al. Na amo8eyyBel 6tL av pa ocvuvaptnon £ elval Tapaywylown oto Stdotnua
(a,ﬁ) pe egaipeon lowg éva onueio tov x,, oto omolo eivat cuvexng Kat LoYVEL
f'(X) >0y kdbe x e(a,x,)U(x,,8), T0TE N cLVdpTON [ Sev TaPOLOLETEL

TOTIKO OKPOTATO OTO onuelo x, kai elval yvnoiwg adéovoa oto Staotnpa

(a.B).
Movadeg 7
A2. [lote pa ovvaptnon £ Aéyetal kupth o€ Staotnua 4.
Movadeg 3
A3. No SlaTUTIWOETE KoL Vo EPUNVEVCETE YEWUETPLKA TO Bewpna Rolle.
Movadeg 5

A4. No xapaktnploeTe TI§ THPAKATW TIPOTACELS YPAPOVTAG OTO TETPASLO oag SimAa
0TO YP&UUQ IOV QVTIOTOXEL 08 kKGBe TpoTaon TN Aéén Twotd, av 1 TpdTao
glvat owot, 1) AdBog av 1 ipdTaon eivat AavOaopév.

f(x)|=+0, 61 lim £(x)=+0 1)

X=X,

a) Av yw pla ovvaptnon £ oyvel ott lim

X=X,

lim £ (x)=—c.

X=X,

Movadeg 2

gyyunaon moidTnTag
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B) Av pa ovvdptnon £ elvar ovvexrig oe onueio  x,#0, TOTE Lo)VEL

limf (x,-h)=f(x,).

h—>1
Movadeg 2
Y) Av pia ouvaptnon 8ev eival mtapaywylown oe onueio x,, Tote Sev elvat ovte

ovvexng oto onueio x,.

Movadeg 2
0l 0 7 f’(X) 4
8) Av lim f(x)=lim g(x)=+0 kat Sev vTApYEL TO )’ ToTE Sev
XX, XX, x>x g (X
4 r = f(X)
UTIApYEL OUTE TO lim ——=.

X—)XO g(X

Movadeg 2

B
€) Avn ouvvaptnon f elvat GLUVEXNG OTO [a,ﬂ] Kal LoyVEL J f(X)dX=0, TOTEM

ouvvaptnon £ €xel pla TovAdylotov pila oTo (a, g )

Movadeg 2

©EMA B

Ix-1+1, x>1
J1-x+1, x<1

B1. Naamodeifete 0TI £ eivar suvaptnon 1-1 kat va Bpeite tnv avtiotpoen £7.
Movadeg 4+4

Oswpovpe TV cuvdptnon £ pe oo £(x) ={

Avn ouvdptnon £ éxeLtimo f_l(X)=(X—1)3+1, x eR, tote:
B2. Na PBpeite TIg e@anmtopéves g Ypa@ikig mapdotaong TG £ mov eival
1
KaBeTeG IPOG TNV €VBElAL ¥ =—§X+1.

Movadeg 6

Zel.2/ 4

€yyonon moioTnTag

eystone

Zuvepyalopevol Ekmaidsutikoi-PpovTioTeg
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B3. NoaAVoete v avicwon f(el‘X)<X.

Movadeg 5

f—l
B4. Navmoloyicete ta dpia: i. limM katii. lim (f‘l (X)—f(X))

x—0 X X—>+0

Movadeg 3+3

OEMAT

Oewpove ouvaptnon g M omola elval oplopévn kal Vo POPES TTAPAYWYIoIUN OTO

(O,+oo),yw( ™V omola LoxvouV g(g'(X))+g(X)=0,yla K&Be x>0 ko g(1)=0.

I'l. Na dei&ete 6TL N ouvapTnon g elval yvnoiwg avéovoa kat loyVeL g'(g'(X)) =X,

Y kabe x>0.

Movadeg 2+4
2. Na&eiete 611 g'(l) =1 kaL 6Tl g(X) =lnx, x> 0.
Movadeg 2+4
I'3. Navmoloyioete To llm (|X|)—g(|nuX|) .
0 [x]=[nux]
Movadeg 6

r4. Av f(X)=—l, x#0, T0Te va amodsifete OTL Ol YPAPIKEG TTAPACTACELS TV
X

OUVOPTNOEWVY f KAl g £X0UV HOVASIKT KOV EQATITOUEVT.
Movadeg 7

€yyonon moioTnTag
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©OEMA A

Alvetalt 1 ouveEYNG oOULVAPTNON f:[0,+oo)—>(0,+oo) yw Tnv omola LoxVel
[[n® £ (x)dx +%=I:\/;-lnfz(x)dx

Al.  Na8eitete 6TLoxveL £(x)= e, yi ke x e [0,1].

Movadeg 6

N

Avn ouvdptnon féxettomo f(x)=e"", x>0, tote:

A2. Na 8ei&ete 0TL TO onpeio A(1,e) elval onpelo Kaumn¢ TG ovvaptnong £ kat va

Bpeite TV e@amtopévn (€) TG YPAPIKNG TTapdotaong TG £ oto onpeio A.
Movadeg 2+2

A3. Noa Bpeite 10 eufadov tov ywpiov Q ToOL TEPIKAElETAL ATTO TNV YPAPLKN
Tapdotaon TG £ TV e@amntouevn (g) oto onuelo A, Tov dfova xx Kol TOV
agova yy'.

Movadeg 5

A4. Oewpovpe éva onpeio M(X(t),y(t)), t>0 to omolo Kweltal mMAvw oTNV

YPa@IKN TTapdotaon TG £ Kaln TETUNHEVT TOV audveTal pe otabepd puBuod. Av
1 EQATITOUEVT] TNG YPAPLKNG TIAPAOTAONG TNG £ 0To onuelo M Tépvel Ttov agova
Xx oto onuelo N, téte va Bpeite v tayTNTA TOL onpueiov N TN Xpovikn
OTlyun Tov to onueio M Sigpxetal amod to onueio A.

Movadeg 5
, , a+1 1 a+2
A5. Noaamodeigete otU: I f( J dx > —_[ ( J dx, yia kabe a >0.
a X X

Movadeg 5

’ gyyunaon moidTnTag
; (- : eysione
Seh4/ 4 Zuvepyalopevol Eknaideutikoi-PpovTioTEg 9 y _











































